Corrigendum to “Some properties concerning Milman's moduli” [J. Math. Anal. Appl. 329 (2007) 1260–1272]  by He, Chan & Cui, Yunan
J. Math. Anal. Appl. 342 (2008) 1490–1491
www.elsevier.com/locate/jmaa
Corrigendum
Corrigendum to “Some properties concerning Milman’s moduli”
[J. Math. Anal. Appl. 329 (2007) 1260–1272]
Chan He ∗, Yunan Cui
Department of Mathematics, Harbin University of Science and Technology, Harbin 150080, China
Available online 4 January 2008
In the above-referenced paper, we presented and proved a theorem on the relationship between J (t,X∗) and J (X),
where X is a non-trivial Banach space (i.e., a real Banach space with dim(X) 2), t  0,
J (t,X∗) = sup{min{‖x + ty‖,‖x − ty‖}: x, y ∈ SX∗}
and
J (X) = sup{min{‖x + y‖,‖x − y‖}: x, y ∈ SX}.
There are mistakes in the relation stated in the theorem and in the succeeding corollary. We wish to correct the theorem
and the corollary as follows:
Theorem 1. Suppose that X is a non-trivial Banach space and t  0. Then
(
J (X) − 1)(1 + t) J (t,X∗)max
{
1 + tJ (X)
2
,
J (X)
2
+ t
}
.
Corollary 2. Suppose that X is a non-trivial Banach space and t  0. Then
J (t,X∗) J (t,X) − max{1, t}
min{1, t} (1 + t),
J (t,X∗)max
{
1 + t (J (t,X) + |1 − t |)
2 max{1, t} ,
J (t,X) + |1 − t |
2 max{1, t} + t
}
.
The mistakes lie in the wrong upper bound for J (t,X∗) in terms of J (X). Indeed, for any u∗, v∗ ∈ SX∗ and ε > 0,
there exist x, y ∈ SX , such that
(u∗ + tv∗)(x) > ‖u∗ + tv∗‖ − ε
2
, (u∗ − tv∗)(y) > ‖u∗ − tv∗‖ − ε
2
.
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min
{‖u∗ + tv∗‖,‖u∗ − tv∗‖} ‖u∗ + tv∗‖ + ‖u∗ − tv∗‖
2
<
(u∗ + tv∗)(x) + (u∗ − tv∗)(y) + ε
2
= u
∗(x + y) + tv∗(x − y) + ε
2
 ‖x + y‖ + t‖x − y‖ + ε
2
.
If ‖x − y‖ ‖x + y‖, then
‖x + y‖ + t‖x − y‖ 2 + t‖x − y‖ 2 + tJ (X).
If ‖x + y‖ ‖x − y‖, then
‖x + y‖ + t‖x − y‖ ‖x + y‖ + 2t  J (X) + 2t.
Thus
J (t,X∗)max
{
1 + tJ (X)
2
,
J (X)
2
+ t
}
.
The proof is complete.
